This article is concerned with the enrichment of the signature. In own time, when studying the stability of the theory and the concept of an elementary pair of models, Mustafin T.G. had noticed that these things are related to each other and he introduced the concept T * -stability [1]. In fact, some enrichment of the signature is considered. Generally speaking, the theories obtained in the extended language are incomplete, therefore, the number of such completions of these theories is sought. This number also determines stability in the sense of T * -stability. It was noted by E.A.Palyutin in [2] that the concept of T * -stability is not invariant with respect to definability of type. But we know that in the classical sense of S.Sellach the stability of the theory is invariant with respect to the definability of type. Therefore Palyutin E.A. had introduced the concept E * -stability, which preserved the definability of type. Author of this article [3] considered this formulation of the problem for the Jonsson theories. We call it in the class of Jonsson theories or in positive Jonsson theories (∆-P J, ∆-P M , ∆-P R) enrichment of the signature is admissible if the stability was obtained in the considering case is invariant with respect to the definability of type. In this article, all considering enrichments are admissible. Let the enrichment be Γ = {P } ∪ {c}, where P is unary predicate symbol with new constant symbol. In connection with admissible enrichments one of the authors of this paper introduced the notion of the central type. Many theorems which obtained before the enrichment of the signature are translated in the language of central types. In this article we will consider similarly questions for central types of positive generalizations of Jonsson fragments.
When studying the properties of forking for ∆-P M -theory considered an axiomatic approach. A similar one was considered in [4, 5] , respectively, for the Jonsson theory and ∆-P M -theory. The main result is the following theorem.
Theorem 1. Let T be a ∆-P M -Jonsson fragment, α-Jonsson, perfect, complete for Σ α+1 sentences. Then following conditions are equivalent:
1) the relation P JN F satisfies axioms 1-7 [6] with respect to the theory T ; 2) T * is stable and for any p ∈ P , A ∈ A ((p, A) ∈ P JN F ⇔ p does not forking over A in the sense of Shelah).
The idea of a central type appears when we consider an enriched signature. ∆-P M -theories were determined in [7] . Such theories are a positive generalization of the generalized-Jonsson theories introduced in [8] .
Let T be an arbitrary ∆-P M -Jonsson fragment in the language of the signature σ. Let C be a semantic model of the theory T . A ⊆ C. Let σ Γ (A) = σ ∪ {c a | a ∈ A} ∪ Γ, where Γ = {P } ∪ {c}. Consider the following theory T P M Γ (A) = T h Π + α∈A (C, a) a∈A ∪ {P (c)} ∪ { P ⊆ }, where { P ⊆ } is an infinite set of sentences, which means that the interpretation of the symbol P is a positively existentially closed submodel in the signature σ. We denote by S Consider all the completions of the center T * of Jonsson fragment T in the new signature σ Γ , where Γ = {c}. Due to the fact that Jonsson fragment T * is ∆-P M there is its center and we will denote it as T c . With the restriction of T c to the signature σ Jonsson fragment T c becomes a complete type. We will call this type the central type of Jonsson fragment T .
In the frame of the above defined definitions the following theorem is obtained. Theorem 2. Let T be Σ α+1 -complete, perfect, ∆-P M -Jonsson fragment. Then the following conditions are equivalent:
1) Jonsson fragment T C is P -λ-stable in the sense of [9] ; 2) Jonsson fragment T * is J-P -λ-stable.
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We introduce the following definitions. Definition 1. Let M be Σ + α+1 -saturated ∆-positively α + 1-existentially closed model of cardinality κ (κ is a sufficiently large cardinal) of ∆-P M -theory T (Σ + α+1 -saturation means saturation with respect to Σ + α+1 -types in its power).
Let T be a Jonsson fragment, S P M (X) is the set of all positive Σ + α+1 -complete n-types over X which joint with T for every finite n.
Let A be a class of all subsets M , P is class of all Σ + α+1 -types (not necessarily complete), let P JN F ⊆ P × A be some binary relation. We impose on the P JN F (positively Jonsson non-forking) following axioms:
The next arrangement is important. In fact, we will talk about the semantic aspect of ∆-P M -Jonsson fragment. If ∆-P M -Jonsson fragment T is α-Jonsson then with M od T we work as with the class of models of some Jonsson theory. If ∆-P M -Jonsson fragment T is not α-Jonsson then as with M od T we will consider the class of its positively existentially closed models Σ + α+1 T . Such approach for class Σ + α+1 T of existentially closed models of an arbitrary universal Jonsson fragment T was considered in [10] . Since two cases are possible with respect to Jonsson fragments: perfect and imperfect, we will adhere to the following. It is well known from [6] that if Jonsson theory is perfect then the class of its existentially closed models is elementary and coincides with M od T * , where T * its center. Otherwise, i.e. if theory T is imperfect, we proceed similarly [10] , only instead of M od T we work with the class Σ + α+1 T that considered as an extension of the class E T of existentially closed models (both classes always exist), and depending on the perfectness and imperfectness of Jonsson fragment T model-theoretic properties of the class Σ + α+1 T is of special interest. In this article, for the considered ∆ considering ∆-P M -Jonsson fragments are ∆-P M -perfect, which is a natural generalization of perfectness in the Jonsson sense.
Definition 2. We say that
Theorem 3. Let T be ∆-P M -Jonsson fragment, α-Jonsson, perfect, complete for Σ α+1 sentences. Then the following conditions are equivalent:
1) the relation P JN F satisfies axioms 1-7 with respect to Jonsson fragment; 2) T is stable and for any p ∈ P , A ∈ A ((p, A) ∈ P JN F ⇔ p does not forking over A in the sense of Shelah).
Proof. 1⇒2. Let λ = 2 ρ|T |µ , where λ, ρ, µ are cardinals, corresponding to axioms 1-7. Now we show that T is P M -λ-stable. Then, by theorem 2.1 from [11] we will have that T * is λ-stable. It's obvious that
, then by axiom 7 (p, A) ∈ P JN F and by axiom 6 there exists
And we conclude that T * is λ-stable by theorem 2 from [11] . Now let (p, A) ∈ P JN F . We show that p is not forking over A. Let B = dom(p). Then by axiom 4 there exists q ∈ S P M (B) such that p ⊆ q and (q, A) ∈ P JN F . Let we prove that q is not forking over A (then p is not forking over A by axiom 2). Suppose the converse. Then in view of the perfect theory T and definitions 1, 2 there is a finite set of positive existential formulas Σ show the existence of a sequence a α : α < µ + and elementary monomorphisms f α , α < µ + identical to A so that a α : α < µ + and f α , α < µ
We obtained the contradiction with axiom 5. Consequently, q is not forking over A. Thus, we have that if (p, A) ∈ P JN F then p is not forking over A. Prove in the opposite direction. Let P is not forking over A. Since Jonsson fragment T is perfect then T * is model complete [11] and for us it is sufficient to work only with existential types and consider Σ + α+1 -saturated positive α + 1-existentially closed models of the theory T . We need to prove that (p,
ρ|T |·µ and M is Σ + α+1 -saturated model of the theory T * , t ∈ S P M (M ), p ⊆ t, t is not forking over A. By axiom 7 (t A, A) ∈ P JN F and by axiom 5 there exists q ∈ S P J (M ) such that q ⊇ t A and (q, A) ∈ P JN F . As shown above (q, A) ∈ P JN F implies that q is not forking over A. By Lemma 1 there exist automorphisms f of the model M identical to A such that y = f (q). Then by axiom 1 (t, A) ∈ P JN F and by axiom 2 (p, A) ∈ P JN F . Consequently, 1⇒2 is proved.
2⇒1. Since the center of Jonsson fragment T namely T * is complete, then to it can be applied the properties of forking in the sense of Shelah. The obtained results (analogues of axioms 1-7 for complete theories) can be easily restricted to generalizations of the corresponding concepts in α-Jonsson sense.
At the moment we are ready to give a proof of the fact that the stability properties of central types as stability in the usual sense for centers with a distinguished predicate coincide with stability with a distinguished predicate in the P M -sense.
We introduce the following notation. Let T be an arbitrary ∆-P M -Jonsson fragment in the language of the signature σ.
where { P ⊆ } is an infinite set of sentences that says that the interpretation of the symbol P is a positively existentially closed submodel in the signature σ. This Jonsson fragment is not necessarily complete. Therefore it can have finite models.
Through S
P M Γ
we denote the set of all Σ In the frame of above definitions the following theorem is obtained. Theorem 4. Let T be Σ α+1 -complete, perfect, ∆-P M -Jonsson fragment. Then following conditions are equivalent:
1) the Jonsson fragment T c is P -λ stable in the sense [9] ; 2) the Jonsson fragment T c is P M -λ-stable. Proof. From 1) to 2) the proof is trivial, since if the completions are not more than λ then Σ + α+1 -completions also not more than λ. We prove this from 2) to 1). Suppose that Jonsson fragment T c is P M -λ-stable. This is equivalent to the fact that T will be equal to T h(C, a) a∈A ∪ {P (c a ) | a ∈ A}{ P ≤ }. We need to show that T * have completions no more than λ. By that T * will be P -λ-stable (in the sense [9] ). Let as clear why T * is not complete in the new signature. The addition of constants give only non-essential extensions which does not change the number of types of existentially closed submodels of C. An essential role is played by realizations of the predicate P . In this case, realization of the predicate P will be some elementary submodel M of the model C. Since the semantic model C of α-Jonsson fragment T is existentially closed [10] then by virtue of the predicate P in C(M ≤ C) follows that M ∈ Σ completeness of T any formula in T is equivalent to some existential formula in T . Then by Σ α+1 -completeness of Jonsson fragment T such completions by condition (2) are not more than λ. Thus the statement is proved. We note that since Jonsson fragment which complete for existential sentences satisfies the joint embedding property (JEP), but the converse is not true condition of Σ α+1 -completeness in the theorem can not be removed. Due to the fact that there is a continuum of not elementary equivalent among themselves existentially closed groups and the groups theory is Jonsson, then we can conclude that in the hypothesis of the theorem one can not be removed the requirement of perfectness.
Let T be an arbitrary ∆ − P J-Jonsson fragment in the first-order language of the signature σ. Let C is semantical model of Jonsson fragment 
, C is semantical model of the theory T and the interpretations of the symbols P and c do not influence on the Jonssonness because for the corresponding morphisms under consideration for ∆-JEP and ∆-AP realizations of the symbols P and c are transformed into the corresponding images, since the role P is played by the existentially closed submodel and the constant becomes a constant. In the case where the fragment T is not Jonsson then as a semantic model we consider the universal domain from [14, 15] . Reasoning about maximum of the positive Kaiser shell is transferred completely to the universal domain.
Definition 4. The models A and B are called ∆-P J-equivalent if for any ∆-P J-theory T A |= T ⇔ B |= T and denoted by A ≡ ∆ P J B. Lemma 2. Let A and B models of the signature σ Γ (A) = σ ∪ {c a | a ∈ A} ∪ Γ. Then the following conditions are equivalent:
. Proof. In the Jonsson case the proof follows from [12] . In the remaining cases with the help of lemma 1 it is easy to obtain positive generalizations of this proof. For any models the following implications are true:
The next arrangement is very important. In fact we will talk about the semantic aspect of the ∆-P JJonsson fragment. If the ∆-P J-fragment is Jonsson then with M od T we work as with the class of models of some Jonsson fragment. If the ∆-P J-fragment is not Jonsson then as M od T we will consider the class of its positively existentially closed models E + T . Such an approach for the class E T of existentially closed models of an arbitrary universal theory T was considered in [2] . Since two cases are possible with respect to the Jonsson fragments: perfect and imperfect, we will adhere to the following. It is well known from [3] that if Jonsson theory T is perfect then the class of its existentially closed models E T is elementary and coincides with M od T * , where T * is its center. Otherwise, i.e. if the theory T is imperfect, we proceed as in [13] , i.e. instead of M od T we work with the class E + T . When an arbitrary ∆-P J-fragment T is considered, then the class E + T is regarded as an extension of the class E T (both classes always exist) and depending on the perfectness and imperfectness of fragment T , the model-theoretic properties of the class E + T are of particular interest. Lemma 3. Let T 1 and T 2 are centers of Jonsson fragments T 1 and T 2 and they are ∆-P J-Jonsson fragments in
Proof. In the Jonsson case from the fact that positive universal consequences T 2 and T 1 coincide it follows that they are model-joint.
Accordingly, the semantic model of T 1 is a model of T 2 and the semantic model of T 2 is a model of T 1 . Next we apply a positive generalization of the proof in [7] with the help of lemmas 1, 2. In the case of the not Jonsson case it suffices to note that if we consider universal domains as semantic models then it is easy to see that they are positively existential models in the sense of [14] , [15] . And since by virtue of the remark about the semantic aspect of ∆-P J-fragments we are working in the not Jonsson case with models of E + T , and since all sentences become immersions we can easily repeat the proof similarly to the Jonsson case.
Theorem 5. Let T * 1 and T * 2 as in the conditions of lemma 3 are ∆-P J-fragments and C 1 is semantic model of T 1 , C 2 is semantic model of T 2 . Then the following conditions are equivalent:
Proof. Similarly by lemma 3 we consider two cases. In the Jonsson case we repeat the proof from [12] only with the difference that ∆ is closed with respect to positive Boolean combinations and is fixed as above. In the not Jonsson case C 1 is replaced by U 1 and C 2 replaced by U 2 , where U 1 and U 2 are universal domains, respectively, for T 1 and T 2 . Then the above statement follows from that U 1 ∈ E + T1 and U 2 ∈ E + T2 . And it remains to apply the remark semantic aspect ∆-P J-Jonsson fragments.
The following result generalizes theorem 4 of [12] . Theorem 6. Let A and B be the ∆-P J-models of the signature σ Γ (A) = σ ∪ {c a | a ∈ A} ∪ Γ. Then the following conditions are equivalent:
. Proof. In the Jonsson case, as in the previous theorem, it suffices to consider a positive generalization of the proof from [12] in the sense that ∆ is closed with respect to positive Boolean combinations and is fixed as above. In the not Jonsson case, by the conditions of the theorem, it follows that the set of sentences T h ∀∃ + (A) and T h ∀∃ + (B) from T P J Γ (A) = T h ∀∃ + (C, a) a∈A ∪ {P (c a ) | a ∈ A} ∪ {P (c)} ∪ { P ⊆ } in the enriched language are ∆-P J-Jonsson fragments. Then for them it is possible to apply a remark about the semantic aspect of the ∆-P J-Jonsson fragments.
In [13] a class of theories was introduced which in the intersection with the class of Jonsson fragments generalizes it and also contains generalized Jonsson fragments introduced in [8] . It is interesting to further transfer the results obtained to these fragments and also to see the connection with the central types in the considering enrichment.
Consider all the completions of the center T * of Jonsson fragment T in the new signature σ Γ , where Γ = {c}. The following fact allows us to work with positive generalizations of Jonsson fragments in the enriched signature. We note (*) (taken from [13] ) that if the fragment T is ∆-P J-Jonsson then in the enriched language with respect to the conditions of the theorem the center T * will be the same, i.e. Jonsson fragment. This is achieved as follows: the constants will go into the constants images, realization of predicate into realization of image. The necessary images are obtained by means of the corresponding mappings, which are provided by the conditions ∆-JEP and ∆-AP from ∆-P M -Jonsson of the original fragment T . Further, due to the fact that the condition T is perfect as α-Jonsson fragment then T * is ∆-P M -Jonsson fragment. Then there is its center and it is one of the completions of the Jonsson fragment T * in the enriched language. This center we denote as T c . With restriction T c to the signature σ the Jonsson fragment T c becomes a complete type. We call this type the central type of the theory T .
Let us formulate the results on the cosemantic for the positive Mustafian fragments in the enriched signature. Let m ≤ w; σ Γ (A) = σ ∪ {c a | a ∈ A} ∪ Γ. Proof. It follows from the above theorems 2 and 4. All undefined definitions, concepts and results can be found in [6, 16, 17] .
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